In [1] , for the application to Theorem 4.3, one needs a version of Proposition 3.1 assuming that the manifold supports an inhomogeneous Poincaré-Sobolev inequality of the type (0.1) below. Indeed, an easy modification of the original argument yields the following Proposition 3.1 bis. Let (M, , ) be a complete manifold and assume that, for some 0 ≤ α < 1 and some non-negative function h, the inhomogeneous SobolevPoincaré type inequality
In [1] , for the application to Theorem 4.3, one needs a version of Proposition 3.1 assuming that the manifold supports an inhomogeneous Poincaré-Sobolev inequality of the type (0.1) below. Indeed, an easy modification of the original argument yields the following Proposition 3.1 bis. Let (M, , ) be a complete manifold and assume that, for some 0 ≤ α < 1 and some non-negative function h, the inhomogeneous SobolevPoincaré type inequality
Furthermore, if ψ is assumed to be non-negative and not identically zero, then (0.4) holds under the further assumption that σ > 0.
Thus the statement of Theorem 4.3 should read
Denote by H and II, respectively, the mean curvature vector field and the second fundamental tensor of f. Assume that, for STEFANO PIGOLA, MARCO RIGOLI, AND ALBERTO G. SETTI some ε > 0,
Then M has only one end.
Correspondingly, (4.12) in Remark 4.4 must read (4.12)
Versions of Theorems 4.5 and 4.6 based on Proposition 3.1 bis can also be formulated. We omit the details.
Finally, the assumption that N has non-positive sectional curvature must be added in the statement of Theorem 4.6.
